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Abstract: The industrial objective of lowering the mass of mechanical structures requires continuous
improvement in controlling the mechanical properties of metallic materials. Steel cleanliness and
especially control of inclusion size distribution have, therefore, become major challenges. Inclusions
have a detrimental effect on fatigue that strongly depends both on inclusion content and on the size of
the largest inclusions. Ladle treatment of liquid steel has long been recognized as the processing stage
responsible for the inclusion of cleanliness. A multiscale modeling has been proposed to investigate
the inclusion behavior. The evolution of the inclusion size distribution is simulated at the process
scale due to coupling a computational fluid dynamics calculation with a population balance method
integrating all mechanisms, i.e., flotation, aggregation, settling, and capture at the top layer. Particular
attention has been paid to the aggregation mechanism and the simulations at an inclusion scale
with fully resolved inclusions that represent hydrodynamic conditions of the ladle, which have been
specifically developed. Simulations of an industrial-type ladle highlight that inclusion cleanliness is
mainly ruled by aggregation. Quantitative knowledge of aggregation kinetics has been extracted and
captured from mesoscale simulations. Aggregation efficiency has been observed to drop drastically
when increasing the particle size ratio.
Keywords: steel ladle; non-metallic inclusions; simulation; aggregation

1. Introduction
A huge number of inclusions is generated in the secondary steelmaking processes mainly
during the deoxidation steps. Non-metallic inclusions such as sulfide and oxide particles may have
a detrimental impact on both formability and fatigue life. Furthermore, inclusion size distribution
is particularly critical because large aggregates are the most harmful to mechanical properties [1].
Nowadays, the reduction of the weight of high performance steel parts without affecting their
mechanical properties is a new challenge, which requires continuous improvement of metal cleanliness.
Gas-stirred ladle treatment of liquid metal has long been recognized as the processing stage
responsible for the inclusion population of specialty steels. As seen in Figure 1, argon gas is injected
through one or more porous plugs at the bottom of the ladle, which leads to mixing of the liquid
metal to achieve chemical homogeneity and entrapment of inclusions by the bubble swarm. The latter
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Figure 1. Schematic of a gas-stirred ladle.
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2. Methods and Computational Models
2.1. Mesoscale Modeling of Inclusion Behavior
Local dynamics at the inclusion scale are investigated through numerical simulations in which
all scales of interest are resolved. The direct numerical simulation (DNS) of the flow uses a lattice
Boltzmann method (LBM) [13,14] that is coupled with the dynamics of the solids using an immersed
boundary method (IBM) [15], which is detailed by Saxena et al. [16]. Solids are discretized with marker
points on their surfaces at which flow properties are interpolated from the surrounding LBM nodes.
The momentum exchange between the solid and liquid phases is calculated for each marker point
and is distributed back to the LBM nodes as a source term so that the flow undergoes stress from the
action of solids. Similarly, the total force and torque acting on each solid object are obtained by adding
all the contributions from all the marker points. The motion of the solids is then obtained by solving
Newton’s equation and integrating it over time.
Such simulations of the flow and solid dynamics are fully deterministic. However, the information
required in larger scale simulations is of statistical nature. This is why multiple simulations are required
for all studies on inclusions and aggregate behavior.
2.1.1. Aggregation Kinetics
Due to the strong non-wettability of non-metallic inclusions, colliding solids are assumed to
form aggregates bonded by gas bridges. Therefore, in the present study, aggregation kinetics are
not differentiated from collision kinetics. It is well established [17] that collision kinetics are driven
by shear from which a collision frequency can be derived. This entails the number of events in
a given time that could potentially lead to a collision between two solids. Hydrodynamic interactions
between the solids will affect the outcome of such collision events and are usually represented by
collision efficiency [18,19]. In the case of turbulence induced collision, kernels obtained by Saffman
and Turner [20] yield very similar results to that derived by Smoluchowski with a shear value derived
from the energy dissipation. It is, therefore, a common assumption that, as long as particles remain
small when compared to the Kolmogorov turbulence length scale, their collision efficiency can be
estimated from their interactions in a plane shear flow.
In this study, only spherical particles have been considered since non-metallic inclusions such
as calcium aluminate found in the ladle simulated later are not completely solid but are rather
highly viscous and have globular shapes. As illustrated in Figure 2, collision cross sections have
been determined from simulations of particle pairs starting from various relative positions along the
y z axes. Particles are initially far enough away from each other (along the x axis) and do not see the
flow disturbance induced by each other. Then, the shear flow drives them closer and, depending
on their initial relative positions, particles collide or avoid each other. The collision cross section is
the set of all the initial positions in the upstream plane of one particle relatively to the other that
lead to collision. It has been determined with an iterative process by identifying sets of relative
positions leading to collision and avoidance. This procedure is illustrated in Figure 2 in which collision
outcomes are represented for various upstream relative positions of two particles in which empty
circles mark avoidance outcomes while black dots mark actual collisions. The upstream plane is
iteratively subdivided in order to estimate the cross-section, which is represented by the gray surface.
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Figure 2. Simulation setup and example cross section derivation from 363 simulations of two
identical spherical particles at Reγ = 0.213.
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2.1.2. Aggregate Restructuring
A discrete element method (DEM) to account for non-hydrodynamic interactions between solids
such as contact forces has also been used beside the LBM and IBM when studying deformable
aggregate behaviors. Although this adds a new level of modeling in particle interactions, simulations
remain deterministic and have to be repeated in order to extract statistical data. Therefore, a set of
10 aggregates with the same fractal dimension has been algorithmically created, exposed to various
shear flows, and to various cohesive force intensities. The aggregate creation procedure [16] starts
with a single particle and iteratively adds another one by picking the one location, which yields
the fractal dimension closest to the target among a set of random possible locations in contact with
other particles in the aggregate. Cohesive forces have been modeled by a normal force superposing
a Van der Waals and born potentials [16] and by a tangential force in the form of a capped resistance to
bending [21]. Aggregate morphological evolutions for different ratios of cohesive-to-shear forces have
been investigated via numerical simulations.
2.2. Macroscale Modeling of the Steel Ladle
The approach adopted for reactor modeling is divided into two parts. The bubble plumes play
an important role in metal bath mixing while, owing to their small weight fraction (<0.01%), the
inclusions do not affect the flow. First, the two-phase turbulent flow of gas bubbles and liquid metal is
simulated for the full 3D geometry of the ladle and a strong coupling is achieved between the liquid
metal and the bubbles [7].
In a second step, the population balance equation is solved in each control volume by applying
the cell-average technique proposed by Kumar [22], which is a variant of the fixed pivot method of
Kumar and Ramkrishna [23]. This leads to a significant reduction in numerical diffusion. The solution
to the system of resulting equations is based on the Fluent CFD V17.1 software in which a large number
of user defined functions (UDF) has been incorporated.
2.2.1. Hydrodynamic Simulation
The modeling of liquid-gas flows applied to ladle treatment of molten steel is treated using
a Euler-Euler method. Following this approach, the dispersed phase (gas) is governed by a set of
transport equations (continuity and momentum) similar to the equations applied for the continuous
phase (liquid). Because of the strong turbulent nature of the fluid flow, a multiphase k-ε model has been
selected in order to assess the effective viscosity in both phases. In this model, called the “two-fluid
model,” the two sets of transport equations are coupled through the interaction force (Fg = −Fl )
between the molten steel and the bubble swarm where Fg is expressed as the sum of four contributions
FgD , FgL , FgVM , and FkTD , which are, respectively, drag, lift, virtual mass, and turbulent dispersion.
A detailed description and expression of these contributions are reported in Reference [7].
2.2.2. Population Balance Modeling (PBM)
The population balance equation (PBE) is a generalized transport equation of the number density
of a particle population. It accounts for various ways in which a population with a specific set of
properties (here only the size of inclusions is considered) may appear or disappear [23]. The PBM
treats both convective processes as well as the interaction at the individual particle scale within the
particle population setting. The PBE may be solved using different numerical methods such as the
Method of Moments (MOM) and the Class Method (CM). We have chosen the Class Method based on
the discretization of the particle size distribution into M classes where Ni is the number of inclusions
of class “i” per unit volume of liquid metal or particles with their diameter comprised between
dpi and dpi+1 . The discretized PBE is given in Equation (3) where the left-hand side represents the
macroscopic transport of inclusions and the right-hand side models mesoscopic phenomena such as
bubble-inclusion (flotation Zbi ) and inclusion-inclusion (aggregation Bi − Di ) interactions.
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∂αl Ni
+ div(αl ul Ni ) = αl ( Bi − Di ) − αl Zbi − Si
∂t

(3)

The transient solution to this equation is obtained by separating the transport and collision
operators [24]. In the first step, the transport equation of the quantity Ni is solved using a Finite
Volume Method.
∂αl Ni
+ div(αl ul Ni ) = 0
∂t

(4)

In the second step, the population balance or Equation (5) is solved in each control volume
applying the cell-average technique [22].
∂αl Ni
= αl ( Bi − Di ) − αl Zbi − Si
∂t

(5)

The flotation kernel Zbi has been an issue of important studies in the literature and the reader
will find details of the physical phenomena and applied model in References [25,26]. The aggregation
term (Bi − Di ) is readily obtained through the use of the well-known Smoluchowski in Equation [17]
where the expression of the collision frequency between two inclusion classes i and j is given by the
equation below.
Zij = ηij β ij Ni Nj
(6)
where β ij is the Smoluchowski collision kernel and ηij is the collision efficiency. The expression

used for ηij β ij stems from the modeling work performed at the mesoscopic scale of the inclusion
(see Section 3.1 and Equation (8)).
Concerning the separation of particles induced by gravity, following the decomposition of particle
velocity into local fluid velocity and Stokes’ velocity, the source term Si for the transport equation is
shown below.
Si = div(αl us Ni )
(7)
where us is the vertical Stokes’ velocity in the case of small inclusions from whom Rep < 1.
Particular attention has been paid to inclusion entrapment at the liquid metal/slag interface.
It is modeled following the approach based on a turbulent deposition law developed initially by
Wood [27] for aerosols and adapted to hydrosols by Xayasenh [28]. The entrapment of inclusions at
the ladle walls is not considered yet but has been found to be negligible [29].
3. Results and Discussion
3.1. Calculation of the Shear Rate Collision Kernel
Aggregation kinetics has been quantified through a collision efficiency (η), which is defined in
Equation (2). Some simulation results for colliding pairs of particles are presented in Table 1. In typical
ladle conditions, for turbulence dissipation rates lying between 10−3 and 10 m2 /s3 , the shear rate
ranges between 30 and 3000 s−1 , which yields Reynolds numbers between 10−2 and 1 for an inclusion
around 10 µm in size.
The other parameter is the ratio between the diameters of the two particles. Particle density is
kept close to the fluid density so that the Stokes number remains low. Particle inertia is negligible
in these simulations. Moreover, particles undergo no other action than hydrodynamics (there are no
distance forces between particles).
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Table 1. Collision efficiencies (η) as a function of Reynolds number and the size ratio of the
two inclusions.
Re .
Collision Efficiency

dp,1 /dp,2

1
2
3

fl

0.028

0.071

0.213

0.319

0.070
0.299 +
−0.062

0.024
0.293 +
−0.034

0.021
0.296 +
−0.020

0.076
0.309 +
−0.071
+0.043
0.197 −0.037
0.027
0.094 +
−0.026

From Table 1, a conclusion can be drawn that there is little variation in the collision efficiency
with the Reynolds number. Although cross-sections vary, which is illustrated in Figure 3, calculation of
the efficiency results in similar values. Even at a Reynolds number much lower than 1, this efficiency
remains quite significant (≈0.3) while the theoretical behavior in Stokes flow is particles avoiding each
other at their initial relative positions, which leads to zero efficiency. However, the theoretical behavior
at a high Reynolds number should be a collision efficiency of 1 since an inviscid fluid would induce no
hydrodynamic interactions between particles. Therefore, they would follow their trajectories similar to
the Smoluchowski’s model. Although counter-intuitive, this observation is consistent with collision
efficiency observations from experimental studies in turbulent conditions [30].
This observation can be explained by flow recirculation patterns that demonstrate inertia in the
liquid phase, which cannot be completely neglected when simulating particle interactions even at
Reynolds numbers considered very low such as Re = 0.028. This is significant information since many
numerical investigations in such conditions [19,31] use Stokesian Dynamics, which is unable to account
for such effects. They, therefore, cannot be used for calculating inclusion aggregation kinetics.
While the collision efficiency is not sensitive to the shear rate, the particle size ratio has a significant
impact for the conditions tested in this paper. This is primarily due to the low Stokes number of the
considered particles since small particles are strongly deflected by the flow perturbation induced by
larger ones, which favors avoidance when the size ratio increases.
Based on the above analysis and for the range of shear rates (i.e., turbulence dissipation rates)
prevailing in steel ladle conditions, collision efficiency has been modeled with a very coarse relation
that does not depend on Reynolds number but only on size ratio.
ηij = max(0.4 − 0.1

d p,max
, 0)
d p,min

(8)

Although rather simple, this relation captures the two significant characteristics that have been
extracted from simulations at a mesoscopic scale. Collision efficiency hardly depends on the shear rate
and particle size that are both captured in the shear Reynolds number. It stays at about 0.3 for all flow
conditions that inclusions experience in a steel ladle. However, it strongly depends on particle size
ratio and it can be estimated by a linear fit for low size ratios. When size ratios increase, this coarse
fitting law is not expected to apply, but since collision efficiency is very low, such size ratios do not
play an important role in the overall aggregation process and do not require a finer description.
3.2. Restructuring of Aggregates in a Pure Shear Flow
Ten aggregates made of 50 fully resolved primary spheres were simulated in plane shear flow
conditions using the aforementioned LBM+IBM+DEM software. All aggregates had the same fractal
dimension of 2.3 at the beginning of the simulations. Radii of gyration of the aggregates have been
recorded over time and converted to fractal dimensions using an empirical correlation [16] since fractal
dimension is a more common descriptor in aggregate studies. The shear Reynolds number for primary
particles (Equation (1)) was kept small in all simulations (less than 10−2 ). Aggregate restructuring over
time has been studied for different aggregate strengths relative to a hydrodynamic action by varying
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All simulation results especially when accounting for hydrodynamic interactions show that the
All simulation results especially when accounting for hydrodynamic interactions show that the
impact of restructuring on aggregate morphology is not strong enough to play a significant role on
impact of restructuring on aggregate morphology is not strong enough to play a significant role
inclusion size evolution at the process scale. This size evolution is dominated by aggregation
on inclusion size evolution at the process scale. This size evolution is dominated by aggregation
phenomena. However, the complex relation between tangential contact forces and bond breakage
phenomena. However, the complex relation between tangential contact forces and bond breakage
suggests that including varying aggregate breakage rates in the population balance may be a future
suggests that including varying aggregate breakage rates in the population balance may be a future
significant step towards better modeling of inclusion behavior in metallurgical processes.
significant step towards better modeling of inclusion behavior in metallurgical processes.
3.3. Macroscale Simulation
The simulation at the macroscopic scale of a metallurgical reactor is applied to an industrial 60 t
steel ladle. Argon is injected through two porous plugs located at the base of the ladle. Two
successive hydrodynamic conditions have been simulated including a first step with a relatively

times the mixing time), which is followed by a second stir for 10 min at a smaller argon flow rate
(less than 10 NL/min for each plug). The model assumes that liquid temperature is uniform and
equal to 1600 °C.
The argon plume regions and the liquid steel velocity in a plane passing through the porous
plugs
of the
Materials 2018,
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1179 are shown in Figure 5a in the case of relatively weak aeration. One can observe the
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shapes of the two bubble plumes rising from the two porous plugs (the iso-surface of gas volume
fraction equal to 1% is drawn). The turbulence, which mainly prevails in these regions, is
by a turbulent shear rate in the range of 150 to 1000 s−1. The liquid metal flow is
3.3.characterized
Macroscale Simulation
associated with two recirculation zones with one in each half of the plane of symmetry. The liquid
The simulation at the macroscopic scale of a metallurgical reactor is applied to an industrial 60 t
steel velocities are consistent with the magnitude found in the literature for equivalent industrial
steel ladle. Argon is injected through two porous plugs located at the base of the ladle. Two successive
configurations [32].

hydrodynamic conditions have been simulated including a first step with a relatively high stirring
intensity
correspondingValidation
to 70 NL/min of argon for each plug over 10 min (which is 5 times the mixing
3.3.1. Hydrodynamic
time), which is followed by a second stir for 10 min at a smaller argon flow rate (less than 10 NL/min
The hydrodynamic part of the numerical model was validated earlier using experimental data
for each plug). The model assumes that liquid temperature is uniform and equal to 1600 ◦ C.
available in the literature. Physical modeling embodying aqueous as well as system with wood
The argon plume regions and the liquid steel velocity in a plane passing through the porous plugs
metal has been carried out to investigate the gas-stirred ladle system [33] used by many authors
of the ladle are shown in Figure 5a in the case of relatively weak aeration. One can observe the shapes
[34,35]. Comparisons between calculated and measured profiles of gas-retention αg and liquid
of velocity
the two ububble
plumes rising from the two porous plugs (the iso-surface of gas volume fraction
l show a satisfactory prediction of the dispersion of the bubble swarm. Details of this first
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Validation
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numerical
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system
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many
authors
[34,35].
location
(P).
Comparisons between calculated and measured profiles of gas-retention αg and liquid velocity ul show
Figure 5b shows a relatively strong dependence of mixing time with initial tracer locations
a satisfactory prediction of the dispersion of the bubble swarm. Details of this first validation are
especially when the addition is simulated on the symmetry axis of the ladle. This, consequently,
available in Reference [7].
results in low values for mixing time compared to other addition locations. Although numerical
Another way to globally characterize the turbulent hydrodynamic behavior of the steel bath
simulations seem to underestimate the bath mixing time, the order of magnitude (2 min) agrees with
consists of introducing dissolved copper as a tracer and measuring the required time to full
the measurements. This mixing time cannot be regarded as negligible in comparison with the
homogenization.
Such a measurement of a characteristic mixing time can be easily compared to model
characteristic time of aggregation. Therefore, non-homogeneity of the inclusion population in an
predictions
at
an
industrial
which involves
completing the validation of the hydrodynamic
industrial ladle requires
thescale,
development
of 3D modeling.
simulations [36].

(a)

(b)

Figure 5. Hydrodynamic simulation of a 60 t steel ladle. (a) Predicted velocity of the liquid steel along
with the argon plumes (isosurface of the 1% gas volume fraction) in a vertical plane passing through
the porous plugs for a weak aeration. (b) Calculated Cu concentration profiles at the P sampling point
compared with plant measurements for three platelet addition locations in the 60 t gas-stirred ladle.

Copper platelets were added into the 60 t steel bath and samples were taken at time intervals of
about 50 s. Since the location of platelet immersion and dissolution is not accurate, several simulations
were conducted with varying points of copper platelets (1–3) and a fixed sampling location (P).
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Materials 2018, 11, x FOR PEER REVIEW
10 of 14
especially when the addition is simulated on the symmetry axis of the ladle. This, consequently,
results Figure
in low5.values
for mixing
time compared
to ladle.
other(a)
addition
numerical
Hydrodynamic
simulation
of a 60 t steel
Predictedlocations.
velocity of Although
the liquid steel
along with
plumes (isosurface
of the
1% gastime,
volume
vertical plane(2passing
simulations
seemthetoargon
underestimate
the bath
mixing
thefraction)
order in
ofamagnitude
min) agrees
through
the porous plugs
a weaktime
aeration.
(b) be
Calculated
Cu as
concentration
at the P with
with the
measurements.
This for
mixing
cannot
regarded
negligibleprofiles
in comparison
sampling
point
compared
with
plant
measurements
for
three
platelet
addition
locations
in
the 60 t
the characteristic time of aggregation. Therefore, non-homogeneity of the inclusion population
in
gas-stirred
ladle.
an industrial ladle requires the development of 3D modeling.
3.3.2.
Evolution
theInclusion
InclusionPopulation
Population in
in the
the Successive
Successive High
3.3.2.
Evolution
ofofthe
Highand
andLow
LowStirring
StirringSteps
Steps
According
literature
and
more
specificallythe
thereview
reviewproposed
proposedbybyZhang
Zhangand
andThomas
Thomas[1],
According
to to
thethe
literature
and
more
specifically
[1],
a
log-normal
distribution
has
been
used
as
the
initial
PSD
with
a
total
mass
content
equal
0.176 to
a log-normal distribution has been used as the initial PSD with a total mass contenttoequal
kg/m3, which
corresponds
to
7.9
ppm
of
total
oxygen
content
considering
a
population
of
calcium
0.176 kg/m3 , which corresponds to 7.9 ppm of total oxygen content considering a population of
aluminate inclusions. This distribution matches relatively well with those analyzed in an industrial
calcium aluminate inclusions. This distribution matches relatively 6well with those analyzed in an
ladle for high steel quality since one kilogram of metal contains 5 × 10 inclusions smaller
than 20 μm
industrial ladle for
high steel quality since one kilogram of metal contains 5 × 106 inclusions smaller
but only 6 × 104 larger than
20
μm.
The
initial
distribution
is
plotted
in
red
in
Figure
6a
where the
than 20 µm but only 6 × 104 larger than 20 µm. The initial distribution is plotted in red in Figure 6a
inclusion population is rendered discretely into 20 different-sized classes.
where the
inclusion
population
is rendered
discretely
intoblue
20 different-sized
classes. evolves with
After
10 min of
high stirring,
the obtained
PSD (in
on Figure 6a) noticeably
of high stirring,
the 20
obtained
PSD
(in blue stirring
on Figure
6a) noticeably
with the
theAfter
birth10ofmin
inclusions
larger than
μm. The
turbulent
occurred
mainly evolves
in the bubble
birth
of
inclusions
larger
than
20
µm.
The
turbulent
stirring
occurred
mainly
in
the
bubble
swarms
swarms leads to aggregation. Therefore, the shift of PSD toward larger size classes and the regular
leads
to
aggregation.
Therefore,
the
shift
of
PSD
toward
larger
size
classes
and
the
regular
increase
increase of the Sauter diameter dp32 (see Figure 6b). The reduction of the total weight of inclusions in
of the
thewhole
Sauterladle
diameter
dp32in(see
Figure
6b). highlights
The reduction
of the
total
weightmechanisms,
of inclusions
in the
observed
Figure
6b clearly
the effect
of the
removal
which
whole
ladle observed
in Figure
6b clearly
highlights
the effectcontent
of the removal
mechanisms,
are flotation,
deposition,
and settling.
One-third
of inclusion
is then removed
duringwhich
the 20are
flotation,
andcombination
settling. One-third
of inclusion
then removed
during
20 min of
min of deposition,
treatment. The
of aggregation
withcontent
removalis mechanisms
leads
to athe
noticeable
decreaseThe
in the
number of inclusions
smaller
than
20 μm,mechanisms
which is shown
into
Figure
6a.
treatment.
combination
of aggregation
with
removal
leads
a noticeable
decrease in

the number of inclusions smaller than 20 µm, which is shown in Figure 6a.

(a)

(b)

Figure 6. Average values of the non-metallic inclusion population in the ladle (a) PSD at three
Figure 6. Average values of the non-metallic inclusion population in the ladle (a) PSD at three different
different times (initial in red, after 10 min of high stir in blue, and after 10 min low stir in green) (b)
times (initial in red, after 10 min of high stir in blue, and after 10 min low stir in green) (b) Time
Time evolution of the total weight of non-metallic inclusions and of Sauter diameter.
evolution of the total weight of non-metallic inclusions and of Sauter diameter.
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on Figure 6a) i.e., larger particles appear due to the aggregation of smaller particles leading to a fairly
Materials 2018, 11, x FOR PEER REVIEW
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similar
increase of the Sauter diameter dp32 .
Numerical simulations allow us to compare the relative importance of the different removal
Numerical simulations allow us to compare the relative importance of the different removal
mechanisms on the inclusion population. The frequencies of the aggregation, flotation, settling, and
mechanisms on the inclusion population. The frequencies of the aggregation, flotation, settling, and
deposition events have been reported in Figure 7a (at the beginning of the high stirring process
deposition events have been reported in Figure 7a (at the beginning of the high stirring process i.e.,
i.e., at time t = 30 s). As an example, the aggregation frequency fA is calculated by the equation below.
at time t = 30 s). As an example, the aggregation frequency fA is calculated by the equation below.
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Figure 7 clearly highlights that the major role is played by aggregation (although aggregation
Figure 7 clearly highlights that the major role is played by aggregation (although aggregation
efficiency is much lower than 1, see Equation (8)) since its frequency is two orders of magnitude
efficiency is much lower than 1, see Equation (8)) since its frequency is two orders of magnitude higher
higher than the frequencies of flotation and settling for most size classes. This is the main reason
than the frequencies of flotation and settling for most size classes. This is the main reason why the PSD
why the PSD continuously evolves over time. The number density of inclusions smaller than 20 μm
continuously evolves over time. The number density of inclusions smaller than 20 µm continuously
continuously decreases over time because of the aggregation mechanism and because of the removal
decreases over time because of the aggregation mechanism and because of the removal phenomena
phenomena (flotation and settling). Another obvious conclusion is the negligible role of the
(flotation and settling). Another obvious conclusion is the negligible role of the turbulent deposition of
turbulent deposition of inclusions on the top surface of the ladle.
inclusions on the top surface of the ladle.
4. Conclusions
4. Conclusions
The split scale approach, which is the coupling process scale simulations with local inclusion
The split scale approach, which is the coupling process scale simulations with local inclusion
dynamics through statistical models, has proven effective for capturing inclusion cleanliness trends
dynamics through statistical models, has proven effective for capturing inclusion cleanliness trends
during metallurgical processing. Inclusion cleanliness is mainly ruled by aggregation, which is
during metallurgical processing. Inclusion cleanliness is mainly ruled by aggregation, which is
observed in Section 3.3.2. Aggregation has an event frequency roughly two order of magnitudes
observed in Section 3.3.2. Aggregation has an event frequency roughly two order of magnitudes
larger than the one of the removal mechanisms. All inclusion removal mechanisms are strongly
larger than the one of the removal mechanisms. All inclusion removal mechanisms are strongly
dependent on the size of aggregates and, therefore, conditioned by the aggregation kinetics.
dependent on the size of aggregates and, therefore, conditioned by the aggregation kinetics. Therefore,
Therefore, the need for accurate aggregation models relate operating conditions to process
the need for accurate aggregation models relate operating conditions to process efficiency. In this study,
efficiency. In this study, this need has been addressed by mesoscopic scale simulations from which
this need has been addressed by mesoscopic scale simulations from which quantitative information
quantitative information on aggregation kinetics has been extracted and captured in a statistical
on aggregation kinetics has been extracted and captured in a statistical model. These simulations
model. These simulations have shown very little variations with the particle size and shear rate for a
have shown very little variations with the particle size and shear rate for a broad range of operating
broad range of operating conditions, which yielded constant aggregation efficiency for all of the
conditions, which yielded constant aggregation efficiency for all of the same-sized particle pairs.
same-sized particle pairs. However, this efficiency has been observed to drop drastically when
increasing the particle size ratio. At the process scale, this means that the ruling aggregation kinetics
are the ones between particles of the same size class.
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However, this efficiency has been observed to drop drastically when increasing the particle size ratio.
At the process scale, this means that the ruling aggregation kinetics are the ones between particles of
the same size class.
Author Contributions: Conceptualization, J.-P.B. and J.-S.K.R.; Methodology, J.-P.B. and J.-S.K.R.; Software, J.-P.B.,
J.-S.K.R., A.S., M.G. and M.J.; Validation, J.-P.B., J.-S.K.R, A.S., M.G. and M.J.; Formal Analysis, J.-P.B., A.S., M.G.
and M.J.; Investigation, J.-P.B., A.S., M.G. and M.J.; Resources, J.-P.B., A.J. and S.S.; Data Curation, J.-S.K.R.;
Writing-Original Draft Preparation, J.-P.B. and J.-S.K.R.; Writing-Review & Editing, A.J. and S.S.; Visualization,
J.-P.B., A.S., M.G. and M.J.; Supervision, J.-P.B., J.-S.K.R. and S.S.; Project Administration, J.-P.B., A.J. and S.S.;
Funding Acquisition, J.-P.B., A.J. and S.S.
Funding: This research was funded by the French State through the program “Investment in the future” operated
by the National Research Agency (ANR) and referenced by ANR-11-LABX-0008-01 (LabEx DAMAS). Moreover,
the authors are grateful for two other program supports of the National Research Agency (ANR) (Grant No. ANR06
MATPRO 0005 and No. ANR-15-CE08-0040-01) and for the NSERC Industrial Research Chair in Pipeline Transport
Processes (S. Sanders, Grant No. IRCPJ 363871-12).
Acknowledgments: Aubert & Duval is acknowledged for the supply of measurements of mixing time.
Conflicts of Interest: The authors declare no conflict of interest.

Nomenclature
Greek letters
α
.
γ
η
µ
υ
π
Latin letters
B
D
d
F
N
f
S
S
u
V
y
z
Z
Subscripts
A
b
Col
drag
i, j
g, l
ladle
p
Smo
Compound
Reγ.

volume fraction
shear rate (s−1 )
collision efficiency
dynamic viscosity of the liquid metal (Pa·s)
kinematic viscosity of the liquid metal (m2 ·s−1 )
Archimedes’ constant
population balance birth kernel (# m−3 ·s−1 )
population balance death kernel (# m−3 ·s−1 )
diameter (m)
force (N)
number of inclusions per unit volume of liquid metal (# m−3 )
frequency (s−1 )
gravity separation term in PBE (# m−3 ·s−1 )
surface or surface area (m2 )
fluid velocity (m·s−1 )
volume (m3 )
abscissa in the direction normal to the shear plane (m)
abscissa in the direction along the velocity gradient (m)
collision frequency (m−3 ·s−1 )
relative to the aggregation mechanism
relative to gas bubbles and flotation
relative to the actual collision cross section
relative to the action of the liquid phase on the solids
discrete size classes in the population balance equation
gas or liquid phase
relative to the steel ladle
particle property
relative to Smoluchowski’s collision cross section
shear-based particle Reynolds number defined in Equation (1)
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