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Abstract: The electric machine and the control system determine the performance of the electric
vehicle drivetrain. Unlike rare-earth magnet machines such as permanent magnet synchronous ma-
chines (PMSMs), synchronous reluctance machines(SynRMs) are manufactured without permanent
magnets. This allows them to be used as an alternative to rare-earth magnet machines. However,
one of the main drawbacks of this machine is its high torque ripple, which generates significant
acoustic noise. The most typical method for reducing this torque ripple is to employ an optimized
structural design or a customized control technique. The objective of this paper is the use of a control
approach to minimize the torque ripple effects issue in the SynRM. This work is performed in two
steps: Initially, the reference current calculation bloc is modified to reduce the torque ripple of the
machine. A method for calculating the optimal reference currents based on the stator joule loss is
proposed. The proposed method is compared to two methods used in the literature, the FOC and
MTPA methods. A comparative study between the three methods based on the torque ripple rate
shows that the proposed method allows a significant reduction in the torque ripple. The second
contribution to the minimization of the torque ripple is to propose a sliding mode control. This
control suffers from the phenomenon of “Chattering” which affects the torque ripple. To solve
this problem, a second-order sliding mode control is proposed. A comparative study between the
different approaches shows that the second-order sliding mode provides the lowest torque ripple
rate of the machine.

Keywords: electric vehicle; synchronous reluctance machine; field-oriented control; maximum torque
per ampere; optimal current calculation; sliding mode control; torque ripple minimization

1. Introduction

The rapid increase in the number of conventional vehicles has led to a significant
increase in greenhouse gas emissions, the depletion of fossil fuels, and various negative
consequences for the people living in these environments [1]. Unlike conventional vehicles,
which face the problem of fuel poverty, electric vehicles (EVs) can have significant emissions
and environmental benefits over conventional vehicles. As well, they can significantly
reduce fuel costs due to the high efficiency of electric drive components [2].

The electrification of the automotive sector is accelerating, and carmakers and equip-
ment manufacturers are reinventing electric machines to adapt them to the constraints of
electric drivetrains. A high power density, high torque density, wide speed range, and effi-
ciency are critical factors in the selection of electric motor technology for this application [3].
Permanent magnet synchronous machines (PMSMs) are by far the most widely utilized
electric machine technology in the electric vehicle (EV) market [4].

In 2021, PMSMs accounted for 84% of the electric car market [5]. However, the mag-
nets used in these machines are typically rich in rare-earth materials (REMs), primarily
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Neodymium, but also often contain a range of heavy rare earth, such as Dysprosium [6,7].
Nevertheless, the cost of REM-based machines has increased over several years. Further-
more, due to restricted resources, the use of REM-based machines in EV applications is
now being challenged [8].

The above factors have prompted several equipment manufacturers to design rare-
earth-free machines, such as Renault’s wound rotor synchronous machine (WRSM) in
the ZOE and the Audi induction machine (IM) in its e-tron models [9,10]. Due to the
robustness, simplicity of fabrication, small size, and compatibility with the requirements of
the EV electric machine, the synchronous reluctance machine (SynRM) is an alternative
for REM-based machines. The SynRM has a wound stator that has neither conductors
nor magnets like the IM and it operates like a WRSM without a DC field winding in its
rotor [11]. Moreover, the power converter used to supply this machine is a three-phase
inverter, which facilitates the replacement of the IMs and PMSMs without a specific power
converter. Figure 1 illustrates a simplified architecture of the essential components of an
electric vehicle propelled using a synchronous reluctance machine.

DC/AC
Converter

r

12V 
Battery 

Charger

DC/DC
ConverterMachine

Électrique

BATTERY

SynRM

Figure 1. Simplified electric vehicle drivetrain architecture propelled by a SynRM.

However, the nonlinear magnetic path of the SynRM and the operational satura-
tion of the rotor core segments cause significant torque ripples and acoustic noise [12,13].
However, these drawbacks can be significantly reduced with an optimal structure de-
sign [14,15] and/or a good control strategy [16–18]. The optimization of flux barriers [19,20],
rotor ribs [21,22], rotor skewing [23,24], and adding permanent magnets [25,26] is the most
common strategy for an optimal structural design. Although optimizing the SynRM struc-
ture may offer satisfactory results, the design procedure is typically time-consuming.

The focus of this research is on control-based strategies for minimizing the torque
ripple of the SynRM. Several strategies to reduce the torque ripple effect of the machine
have been investigated in the literature.

The authors of the publication [11] present a general review of various control scheme
strategies for SynRM’s current regulation. This research examines the designs, techniques,
benefits, and drawbacks of synchronous reluctance machine control systems, such as direct
torque control (DTC), field-oriented control (FOC), predictive control, and many others.
This study demonstrates the limitations of each method for reducing the torque ripple
effect in a synchronous reluctance machine. The DTC method provides high dynamic
control, which makes it superior to other methods [11]. Because it does not use a current
controller, this approach achieves a substantially superior transient torque control per-
formance. Furthermore, it controls the machine solely by stator resistance, resulting in
reasonably robust machine control with quick dynamics. This method is appropriate for
specifications that require a better transient response rather than a steady-state response for
control [27]. Nevertheless, this method generates significant torque ripples as compared to
other approaches, and its implementation necessitates the use of a torque sensor or an extra
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sensorless torque block solution [28]. This adds significant computing time. Furthermore,
because this method uses a variable switching frequency to control the flux, it produces a
relatively high harmonic current and high torque ripples, causing significant noise levels in
the machine. In reference [29], the torque ripples were handled satisfactorily in the DTC
technique using multilevel inverters. Moreover, a mechanism is created and employed to
limit the torque in [27–29]. In this technique, the torque-limiting mechanism adjusts the
flux reference with respect to the torque error sign to ensure a steady machine operation.

A field-oriented control (FOC) strategy is proposed in [30] to achieve convenient
control of the SynRM. This method controls the SynRM in the d, q reference frame, repre-
senting the machine as a direct current (DC) machine. In this review, FOC is categorized
into two techniques for controlling decoupling currents id, iq in the synchronous reference
frame: direct field-oriented control (DFOC) and indirect field-oriented control (IFOC). This
method features a precise control method, reduced torque ripples in comparison to the
DTC method, improved steady-state responsiveness, and a consistent switching frequency,
which makes it attractive to researchers because of its high steady-state performance [30].

Another control-based method for reducing the SynRM torque ripple is to add spec-
ified current harmonics to the original sinusoidal stator currents. The authors of [31]
investigated the average torque of a two-phase SynRM and defined the optimal current
using different stator inductance harmonics. Each torque harmonic requires multiple cur-
rent harmonics to be reduced. When numerous dominant torque harmonics are taken into
account, the process of determining the link between each torque harmonic and the corre-
sponding current harmonics can become lengthy and difficult. Therefore, the suggested
method makes determining the appropriate currents for a multiphase SynRM extremely
challenging. The stator inductances and low-order harmonics are measured in [32] to
determine the optimal currents using the electromagnetic torque equation. But nonetheless,
measuring the high-order stator inductance harmonics accurately is extremely difficult.
This means the optimal currents determined by measured inductances may not result in
the most effective torque ripple reduction. Some strategies for reducing torque ripples
rely on a reference currents calculation bloc. This bloc’s purpose is to generate reference
currents via the reference torque [16]. To minimize the torque ripple, the active torque
ripple cancellation control technique is examined in [33]. To provide a smooth output
torque, the active torque ripple cancellation method actively regulates the excitation of
current waveforms using torque to the current function. The term “active” refers to a
method for canceling the torque ripple of the machine while it is functioning at a varied
torque-speed range.

This paper will address the problem of the torque ripple minimization of a syn-
chronous reluctance machine used in electric vehicle propulsion. Based on a velocity/current
cascade control strategy, we first suggest changing the reference currents calculation bloc,
which transforms the reference torque into reference currents via a stator current optimiza-
tion method. In other words, the torque ripple can be reduced by optimizing the reference
currents because stator currents represent the machine’s torque. To assess the efficacy of
the suggested method, we will replicate the reference currents calculation investigated in
the literature, namely the control by flux-oriented control (FOC) and maximum torque per
ampere (MTPA) with PI control. The torque ripple ratio of each method is then examined
in a comparative study.

Secondly, based on the velocity/current cascade control, the optimal currents cal-
culations method from the first study will be chosen. We propose nonlinear controls to
replace the PI control, notably the classical sliding mode control, and the second-order
sliding mode control, to improve the stator current control and hence the torque ripple
minimization. The performance of each control approach is then compared, along with the
torque ripple ratio.

The structure of this article is as follows: Section 2 explains the modeling and behavior
of the synchronous reluctance machine, as well as the velocity/current cascade control
strategy. The reference currents calculation bloc description utilizing the FOC, the MTPA
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control, and the suggested optimal current computation approach are covered in Section 3.
In Section 4, the proposed classical and second-order sliding mode controllers are combined
with the optimal reference currents calculation method. Section 5 contains the conclusions
that bring this article to a close.

2. SynRM Modeling and Description of the Velocity/Currents Cascade
Control Strategy

In this section, the description of the modeling, as well as the velocity/currents control
strategy used in driving the synchronous reluctance machine in this work are presented.

2.1. SynRM Modeling

The synchronous reluctance machine is a pure AC machine that requires a polyphase
sinusoidal AC current. The torque of this machine is produced by a difference in magnetic
conductivities along the direct axes of the rotor, as well as by the quadrature, which
lacks permanent magnets and field windings [34,35]. The SynRM used in this work is a
three-phase flux barrier type with four-pole machine as shown in Figure 2a.

(a) (b)

Figure 2. (a): Cross section of an exemplary SynRM with four poles. (b): Transformation of the
system in synchronous (dq) reference frame [36].

2.1.1. Electric Model

SynRM’s electrical model is based on the following assumptions [37]:

- Magnetic materials are isotropic and non-saturable.
- The hysteresis effect and iron losses are neglected.
- The inductance variations are sinusoidal (first harmonic hypothesis).
- The capacitive coupling between the machine’s windings is ignored.

Given the assumptions, the voltage v applied to a phase is equal to the resistive voltage
drop across the phase winding plus the flux change beneath a rotor pole and is denoted byv = Rsi +

dΦ
dt

Φ = L(pθ) · i
(1)

where

• v =
[
va vb vc

]T : the stator voltage vector;

• i =
[
ia ib ic

]T : the stator current vector;

• Φ =
[
Φa Φb Φc

]T : the vector of the total fluxes through the windings a− b− c;
• Rs: the resistance of a stator phase;
• θ and p: the mechanical position and the number of pole pairs, respectively;
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• L(pθ): the stator inductance matrix given by [38]

L(pθ) =

 La(pθ) Mab(pθ) Mac(pθ)
Mba(pθ) Lb(pθ) Mbc(pθ)
Mca(pθ) Mcb(pθ) Lc(pθ)

 (2)

With Li is the stator inductance of phase i and Mij is the mutual inductance between
phases i and j (i, j = (a, b, c)) [38,39].

The electrical equations in the d− q frame (see Figure 2b), in the absence of a zero
sequence current component, are given by [40–42]

vds = Rsids +
dΦds

dt
− pΩΦqs

vqs = Rsiqs +
dΦqs

dt
+ pΩΦds

(3)

with the following:

• vds and vqs are the stator voltage in the d and q axes.
• Ω is the machine velocity.
• Φs, Φqs , and Φds are the total stator and flux linkage in the d and q axes given by

Φds = Ldids

Φqs = Lqiqs

Φs =
√

Φ2
ds + Φ2

qs

(4)

• Ld, Lq are the d and q-axes stator inductances.

Finally, the voltage equations can be written as follows:[
vds

vqs

]
= Rs

[
ids

iqs

]
+

[
Ld
Lq

]
d
dt

[
ids

iqs

]
+ pΩ

[
0 −Lq
Ld 0

][
ids

iqs

]
(5)

2.1.2. Electromechanical Model

The electromagnetic torque of the SynRM can be expressed by [42]

Te = p(Ld − Lq)ids iqs (6)

From the electromagnetic torque equation, the fundamental relation of the dynamics
of the rotating part of the machine is given by [40–42]

dΩ
dt

=
1
J
(Te − Tr − frΩ) (7)

• Ω: rotational velocity of the machine, in rad/s.
• Te: electromagnetic torque produced by the machine, in Nm.
• TL: load torque, in Nm.
• fr: viscous friction coefficient, in Ns2/m2.
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The SynRM state model in d− q is finally written as follows:

d
dt


ids

iqs

Ω
θ

 =


− Rs

Ld
ids + pΩ Lq

Ld
iqs

− Rs
Lq

iqs + pΩ Ld
Lq

ids
3
2 p(Ld−Lq)ids iqs

j − fr
j Ω− Tr

j
Ω

+


1

Ld
0

0 1
Lq

0 0
0 0


[

Vds

vqs

]
(8)

2.1.3. Vehicle Load Torque Modeling

Figure 3 shows the driving force and the mean forces resistant to the advance of a
vehicle in a slope α [43].

𝜶

𝑭𝒂𝒆𝒓𝒐

𝑭𝒓𝒄

𝑭𝒓𝒓

𝑭𝒎

𝑴.𝒈

Figure 3. The typical driving force and resisting forces components of a vehicle [43].

where

• Fm: the slope force or tractive force that is required to drive the vehicle up.
• Faero: the aerodynamic force created by the friction of the vehicle’s body moving

through the air.
• Frr: the rolling resistance force.
• Frc: the resistance force exerted by the vehicle weight as it goes up and down a hill.
• M: the vehicle mass.
• g: the acceleration due to gravity on Earth.

The expression of each resisting force is given by [44]
Faero =

1
2 ρcxs f V2

Frr = frrmg cos(α)
Frc = mg sin(α)

(9)

where

• ρ: the density of the air, in kg/m3.
• cx: the drag coefficient.
• s f : frontal cross-sectional area, in m2.
• frr: rolling resistance value, in N.

From [44–46], the linear speed of a vehicle V can be expressed using different forces
as follows:

M
dV
dt

= Fm − Faero − Frr − Frc (10)

Because V = RscΩ where Rsc is the resistance of the EV in a slope.
The total load torque of the vehicle Tr in the steady state can be written from the

Equation (9) by

Tr =
1
2

ρcxs f R3
scΩ2

sc + mgRsc[sin(α) + frr cos(α)] (11)
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2.2. SynRM Cascade Control Strategy

Figure 4 shows the cascade velocity/currents control strategy used in this study [47].
The EV driver is presented by a velocity controller that provides the reference torque T∗e .
An indirect torque control approach is used to regulate the machine’s torque by regulating
the stator currents given by i∗d and i∗q . The reference currents calculation bloc is used to
transform the reference torque into reference currents i∗d and i∗d . These currents are then
controlled in the internal control loop.

This strategy allows torque to be controlled indirectly by controlling the currents and
provides a separation between the electrical and mechanical variables.

Velocity 
controller

𝑻𝒆
∗ References

Currents
Calculation

𝑖𝑑,
∗ 𝑖𝑞

∗
Currents

Controller

𝑣𝑑,
∗ 𝑣𝑞

∗
[Park]

𝑣𝑑,𝑞
∗ / 𝑣𝑎,𝑏,𝑐

∗

P
W
M

Inverter

𝑻𝑳

𝑣𝑎 𝑣𝑏 𝑣𝑐

Sensor

θ𝑑

𝑑𝑡

Ω

𝒆ΩΩ∗

Currents
sensor

[Park ]
𝑖𝑎,𝑏,𝑐 /𝑖𝑎,𝑏

SynRM

𝑪𝒖𝒓𝒓𝒆𝒏𝒕𝒔 𝒓𝒆𝒈𝒖𝒍𝒂𝒕𝒊𝒐𝒏𝑻𝒐𝒓𝒒𝒖𝒆 𝒓𝒆𝒈𝒖𝒍𝒂𝒕𝒊𝒐𝒏

𝑉𝑑𝑐 = 3 2𝑉𝑒𝑓𝑓

Figure 4. Block diagram of the cascade velocity/currents control strategy [47].

3. Torque Ripple Minimization by Using the Currents References Calculation

In this section, different techniques for calculating current reference in the reference
currents calculation bloc have been adopted, to study the effect of currents on torque ripple
and control output.

3.1. Conventional Field-Oriented Control (FOC)

The conventional field-oriented control of the synchronous machine controls the
current with respect to the reference current which automatically controls the torque by
using only one component of the current and by setting the other to a constant (zero in
the case of a permanent magnet synchronous machine) [48]. Analogously, this command
consists of imposing a constant value on one component of the current and allowing the
other component to regulate the torque given that the expression of the electromagnetic
torque of the machine in the reference (d− q) is

Te = p(Ld − Lq)ids iqs (12)

By imposing the reference of the component id to a constant,

i∗d = cte (13)

From (12) and (13), the reference of the component iq can be calculated as follows:

i∗q =
T∗e

p(Ld − Lq)i∗d
(14)

3.2. Maximum Torque per Ampere (MTPA)

MTPA or maximum torque per ampere operation is the most preferred operating
mode for any motor operating with the vector control [49].
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This method provides the maximum torque for a given operating current. This method
controls both currents id and iq. The operating condition at the maximum point can be
deduced from the electromagnetic torque equation:

Te = p(Ld − Lq)ids iqs (15)

Assuming sinusoidal stator currents, Park’s transformation allows us to write
ids =

√
3
2

Issinγ

iqs =

√
3
2

Iscosγ

(16)

with Is the amplitude of the stator current and γ = ωt + ϕ, where ω and ϕ are the electrical
network pulsation in rad/s and phase at the reference origin in rad, respectively.
Thus, from Equations (15) and (16), the expression of the electromagnetic couple becomes

Te =
3
2

p(Ld − Lq)I2
s sinγcosγ (17)

Knowing that sinγcosγ =
sin2γ

2
, the expression of the electromagnetic torque becomes

Te =
3
2

p(Ld − Lq)I2
s =

sin2γ

2
(18)

Then, the condition for the maximization of torque per ampere can be written as

dTe

dγ

∣∣∣∣
Is=cte

=
3
2

p(Ld − Lq)I2
s cos2γ = 0 (19)

Solving the Equation (15) allows finding the expression of the components of the
current as follows [49]:

id = iq =

√√√√ Te
3
2

p(Ld − Lq)
(20)

By replacing the measured values by the reference values in Equation (20), we can write

i∗d = i∗q =

√√√√ T∗e
3
2

p(Ld − Lq)
(21)

3.3. Optimal Currents Calculations

The electromagnetic torque of the machine can be written in the form [50]

Te =
1
2

iT ∂L
∂θ

i (22)

The currents in the a− b− c frame can be written as the following:

i =

ia
ib
ic

 = P(pθ)

id
iq
ih

 = T32. R(θ).
[

id
iq

]
(23)

with

• ih: zero sequence current assumed to be null;
• P(pθ): Park’s matrix;
• R(θ): rotation matrix;
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• T32: Concordia matrix.

The machine torque can be written as:

Te =

[
id
iq

]T

· RT · TT
32 ·

∂L(pθ)

∂θ
· T32 · R

[
id
iq

]
(24)

We suppose a(pθ) c(pθ)

c(pθ) b(pθ)

 = RT · TT
32 ·

∂L(pθ)

∂θ
· T32 · R (25)

By replacing (25) in (24), the torque is given as follows:

Γem = a(pθ)i2d + b(pθ)i2q + 2c(pθ)idiq (26)

The problem is to determine the currents id and iq which will provide a constant torque.
This problem has an infinite number of solutions. To remedy this, the solution which generates
the least stator loss by joule effect is sought. The stator joule losses are defined by

Pj = Rs(i2d + i2q) (27)

The search for the solution becomes an optimization problem with the stator loss equation
as an objective function of two variables and the torque Equation (27) as a constraint [51]:{

Γem = a(pθ)i2d + b(pθ)i2q + 2c(pθ)idiq
(i2d + i2q) to minimize

(28)

In order to solve the problem, the Lagrangian function (∆) is used. It can be written as

∆ = (i2d + i2q) + µ
(

Γem −
(

a(pθ)i2d + b(pθ)i2q + 2c(pθ)idiq

))
(29)

with µ being the Lagrange multiplier.
The derivation of ∆ with respect to id, id, and µ gives

2iq + µ(−2aid − 2ciq) = 0

2id + µ(−2biq − 2cid) = 0

Te = a(pθ)i2d + b(pθ)i2q + 2c(pθ)idiq

(30)

By solving the system of Equations (28), we can write
iq = (1−µa)id

µc

id =

√
|Te |

µ2(a2b−ac2)+µ(2c2−2ab)+b
µ2c2

(31)

µ =


a+b+
√

(a−b)2+4c2

2(ab−c2)
if Te < 0

a+b+
√

(a−b)2−4c2

2(ab−c2)
if Te > 0

(32)

By replacing the measured values by the reference values in Equation (31), we can write
i∗q = (1−µa)id

µc

i∗d =

√
|T∗e |

µ2(a2b−ac2)+µ(2c2−2ab)+b
µ2c2

(33)
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In this section, we are interested in the reduction in the torque ripple through the
optimization of the reference current calculations used in the reference currents calculation
bloc. In order to examine the developed method, the optimization of the reference currents
are compared with the two methods of the literature, namely FOC and MTPA. For that, we
will integrate the three methods in the reference currents calculation bloc in the cascade
control strategy adopted in this study and presented in Section 2.2.

3.4. Simulation Results of Different Techniques of Current Calculation with PI Regulators

The reference currents calculation bloc will be used in this section to implement the
three reference currents calculations that were previously described. A PI controller is used
to regulate the velocity and current using the cascade velocity/currents control strategy.
The simulation results were achieved using the Matlab/Simulink software tools, with the
SynRM parameters utilized listed in Appendix A. The chosen velocity profile presented
in Figure 5a covers multiple operating points: low velocity (300 rpm), nominal velocity
(1500 rpm), and negative velocity (−300 rpm). As depicted in Figure 5b, various torque
loads were applied at various points during the steady and transient states. The PI velocity
controller parameters used are Kp = 2.31, Ki = 387, and PI currents controllers parameters
used in the simulation are K

′
p = 1400 and K

′
i = 106.
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Figure 5. Reference velocity and load torque profiles applied in the simulation: (a) reference velocity
profile and (b) load torque profile.
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3.4.1. Simulation with the Conventional Field-Oriented Control

The FOC reference currents calculation method is implemented in the reference cur-
rents calculation bloc as follows:{

i∗d = 3 rated RMS current
i∗q = T∗e

p(Ld−Lq)i∗d

(34)

Figure 6 displays the velocity response using the conventional field-oriented control
with respect to the selected profile. With no static error, the velocity closely matches the
reference. Nevertheless, a tracking error results from the PI controller property. It is also
important to note that the velocity has no overshoot thanks to the controllers’ parameters
chosen in the simulation.
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2.2 2.25 2.3 2.35 2.4
290

295

300

305

9.45 9.5 9.55 9.6

-50

0

50

Figure 6. Velocity response obtained by PI controllers and conventional field-oriented control.

During the different moments of the application of the load torque, small decreases in
machine velocity are observed compared to the reference. In the same way, small overshoots
appear when the load is canceled. These drops and overshoots disappear gradually to
return to the reference, as shown by the zooms in the figure.

For the current control, Figure 7 shows the evolution of the current components id and
iq. The evolution of the currents shows a good control of both current components over the
different velocity and torque ranges, as shown in Figure 7a. Figure 7b demonstrates that
even at low velocity the current is constant at the id = 3A because of the value of id∗ = 3A.

Although this method ensures the correct operation of the machine over the entire
velocity/torque operating range, it can be seen that the reference current i∗d is somewhat
undulating, which has an impact on the current id and therefore on the torque ripple, as
shown in the different zooms of Figure 7a.

The torque evolution is shown in Figure 8. In this strategy, the torque has been
controlled from the calculation of the reference current using the classical field-oriented
control. It can be seen that the torque is able to convince the load torque (TL) and the
intrinsic torque of the machine ( frΩ). Nevertheless, as illustrated in the zooms in Figure 8,
this technique results in significant machine torque ripples at low and high machine
velocities, which are quantified at 41.07 and 48.08% with the torque load, respectively.

The torque ripple rate is calculated at a steady state as follows:

∆Te(%) =
Temax − Temin

Teavg

× 100 (35)
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- Temax : the maximum torque value.
- Temin : the minimum torque value.
- Teavg : the average torque value.

These ripples are caused by the control of stator currents, which are directly related to
torque, as given in Equation (12). In other words, the conventional field-oriented control
does not provide optimal reference currents for optimizing stator currents and, as a result,
the reduction in torque ripples.

In the following part, the maximum torque per ampere (MTPA) method is tested
under the same simulation conditions to determine its capacity to reduce the machine’s
torque ripple.

8 8.08 8.17 8.26 8.358.4 8.5 8.6 8.7

1

2

3

11.1 11.25 11.4 11.55 11.7 11.9

2.5

3

3.5

(a)

7.2 7.3 7.4 7.5 7.6 7.7

2.95

3

3.05

3.1

3.15

(b)

Figure 7. Response of the current components obtained by the PI controllers and the conventional
field-oriented control: (a) iq response and (b) id response.
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Figure 8. Torque response obtained by PI controllers and conventional field-oriented control.

3.4.2. Simulation with the Maximum Torque per Ampere Method

Applying the same simulated conditions as in the previous section. Similarly, the
MTPA approach will be implemented in the reference currents calculation bloc as follows:

i∗d = i∗q =

√√√√ T∗e
3
2

p(Ld − Lq)
(36)

Figure 9 depicts the velocity response to the profile selected using the maximum
torque per ampere approach. The velocity closely follows the reference with no static error.
However, there is a tracking error caused by the PI regulator’s property. It should also be
observed that the velocity has no overshoot. This is due to the regulator parameters chosen.
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Figure 9. Velocity response obtained by PI controllers and maximum torque per ampere method.

Figure 10 illustrates the evolution of the current components id and iq for current
regulation. The evolution of the currents also shows a satisfactory regulation of the two
current components over a wide range of velocity and torque. Similarly, the zooms in
Figure 10a,b show that the reference currents exhibit undulations that affect the stator
currents and therefore the torque ripple.
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Figure 11 shows the machine’s torque. From this illustration, we can see that the
maximum torque per ampere method provides a machine torque that can overcome the load
torque (TL) and the intrinsic torque ( frΩ) of the machine. Although the torque ripple rate
is a bit lower compared to the FOC method, the machine’s torque still contains a significant
ripple. The torque ripple rates at low and high machine velocities are quantified at 47.07
and 47.02% with the torque load, respectively, as illustrated in the zooms in Figure 11.

In the following section, we will put the optimal currents calculations method to the
test under identical simulation conditions in order to evaluate whether it can reduce the
machine’s torque ripple.

0 1 2 3 4 5 6 7 8 9 10 11 12 13 14 15
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2.5

3

11 11.5

2.8
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3.2

(a)

(b)
Figure 10. Response of the current components obtained by the PI controllers and the maximum
torque per ampere method: (a) iq response and (b) id response.
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Figure 11. Torque response obtained by PI controllers and maximum torque per ampere method.

3.4.3. Simulation with the Optimal Currents Calculations Method (OCCM)

The same simulated conditions used for FOC and MTPA is also implemented for
the optimal currents calculation method (OCCM). Similarly, in the reference currents
calculation bloc, the optimal currents calculations method (OCCM) will be implemented
as follows: 

i∗q = (1−µa)id
µc

i∗d =

√
|T∗e |

µ2(a2b−ac2)+µ(2c2−2ab)+b
µ2c2

(37)

Figure 12 shows the velocity response of the system for the selected profile. The ve-
locity onset has the same dynamic characteristics as in the previous case. However, the
velocity fluctuations are very small compared to the previous case.

2.5 2.6 2.7 2.8 2.9 3
299.8
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7.5 7.52 7.54 7.56 7.58 7.6
1499.8
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-100

-50

0

Figure 12. Velocity response obtained by PI controllers and optimal currents calculations method.

Figure 13 shows a good control of the current components id and iq. The current
components show a reduction in fluctuations, as shown by the zooms in Figure 13a,b. This
can be justified by optimizing the reference currents, which necessarily has an impact on
minimizing the torque ripple of the machine.
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Figure 14 shows the machine’s torque. The optimal currents calculations method as
shown in Figure 14 assures a machine torque that can convince the machine’s load torque
(TL) and intrinsic torque ( frΩ). Moreover, there is a minimization of the machine torque
ripple 9.08 and 10.8% with the torque load. This can be justified by the optimization in the
reference currents; therefore, the optimization in the currents regulation impacts on the
minimization of the torque ripple.

The different reference current calculation strategies presented similar dynamic per-
formances of the currents and velocity control. However, the optimization of the reference
current can reduce the torque ripple of the machine. The optimum current method solves
the problem of excessive consumption and minimizes torque ripples over the entire operat-
ing range. The minimization is performed with a harmonized stator current.

Table 1 summarizes the torque ripple rate for the three examined methods.

Table 1. Comparison of torque ripple rates of the three strategies

FOC MTPA OCCM

∆Te Without Load With Load Without Load With Load Without Load With Load

At 300 r.p.m 383% 41.7% 50% 40.7% 38.08% 9.08%

At 1500 r.p.m 130% 48.8% 53.7% 47.2% 17.3% 10.8%

(a)

(b)
Figure 13. Response of the current components obtained by the PI controllers and optimal currents
calculations method: (a) iq response and (b) id response.
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Figure 14. Torque response obtained by PI controllers and optimal currents calculations method.

4. Torque Ripple Minimization by Using Advanced Control Techniques

The reference currents calculation bloc can be used to minimize the machine torque
ripple, as we have observed in this study. The optimal current calculation method (OCCM),
when compared to the FOC and MTPA methods, was proven to be effective at reducing the
torque ripple of the synchronous reluctance machine.

In this part, the torque ripple is reduced by using advanced controls. Indeed, the
torque is directly linked to the stator currents of the machine. Therefore, better control of
these currents can impact the torque ripple. Our objective is to investigate this hypothesis
by improving the control of the currents with advanced controls based on the theory of
sliding mode control in order to improve the dynamic performance (suppression of the
tracking error) and robustness. The optimal current calculation method will be combined
with the sliding mode control that replaces the PI velocity and currents controllers.

A conventional sliding mode control (SMC) is proposed to replace the PI controllers.
However, due to the disadvantages of the control, particularly the chattering phenomenon [52],
a second-order sliding mode control based on a super-twisting algorithm (STA) to minimize
the chattering and improve the current response, and thereby reducing the torque ripple,
is proposed.

4.1. Sliding Mode Control

Sliding mode control (SMC) is a class of a variable structure system (VSS) that targets
decreasing the complexity of high-order systems to first-order state variables, defined as a
sliding function and its derivative [53]. It is characterized by its simplicity of implementa-
tion, very good dynamic responsiveness, and, most importantly, its robustness with respect
to internal uncertainties, as manifested by an insensitivity to variations in the parameters
of the system to be controlled, as well as external disruptions [54–56].

This section will synthesize a conventional sliding mode control for velocity and
currents control to replace PI controllers in the velocity/currents cascade control strategy.

4.1.1. Synthesis of a Conventional Sliding Mode for Velocity Controller

The selected sliding surface depends on the velocity tracking error (eΩ) as follows:

eΩ(t) = Ω∗(t)−Ω(t) (38)

The expression of the sliding surface (s1) is

s1(t) = eΩ(t) + λ1

∫ t

0
eΩ(τ)dτ (39)
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where λ1 is a positive constant (λ1 > 0).
This choice of sliding surface results in an error that tends to zero (if s1 = 0, then

eΩ = 0).
Thus, the following state variables are used:x1(t) =

∫ t

0
eΩ(τ) dτ

x2(t) = eΩ(t)
(40)

With x1 and x2 representing, respectively, the error and its integral. From (40), we
deduce that

ẋ1(t) = x2(t) (41)

Thus, the sliding surface can be defined as

s1(t) = x2(t) + λ1x1(t) (42)

Therefore, the electromechanical Equation (7) of the SynRM model is rewritten as follows:

ẋ2 = Ω̇∗ − 1
J

Te +
fr

J
Ω +

1
J

TL

= Ω̇∗ − 1
J

Te +
fr

J
(Ω−Ω∗ + Ω∗) +

1
J

TL

= Ω̇∗ − 1
J

Te +
fr

J
Ω∗ − fr

J
x2 +

1
J

TL

(43)

Then, the system can be put in the form of a state space representation:{
ẋ1 = x2

ẋ2 = f (x) + gu + d
(44)

With f (x) = Ω̇∗ + fr
J Ω∗ − fr

J x2 , g = 1
J , u = Te, , d = 1

J TL.
In order to determine the continuous component (uc) of the SMC [57,58],

ṡ1(x) = s(x) = 0 (45)

Thus, considering (42) and (44), assuming that u = uc,

uc = g−1(− f (x)− d− λ1x2) (46)

The existence and convergence condition [58] is used to determine the discontinuous
component (ud) as follows:

s1(x) · ṡ1(x) < 0 (47)

Given that,
ṡ1(x) = ẋ2(t) + λ1 ẋ1(t) (48)

After simplification and by posing u = ud,

ud = −c1sign(s1) (49)

Knowing that the sliding mode control law is the sum of the continuous control and
the discontinuous components [58],

u = ueq + ud (50)
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By replacing (46) and (49) in (50),

u = JΩ̇∗ + frΩ∗ + (λ1 J − fr)eΩ + TL − c1sign(s1) (51)

where the control u represents the total reference torque T∗e provided by the velocity
controller. The term TL is considered as a disturbance to be compensated by the controller.
The final sliding mode control law for velocity is

T∗e = JΩ̇∗ + frΩ∗ + (λ1 J − fr)eΩ − c1sign(s1) (52)

4.1.2. Synthesis of a Conventional Sliding Mode for Currents Controllers

The same method of synthesizing the velocity control law is used for the two current
components id and iq. Similarly, the sliding surfaces (s2 and s3) are defined in terms of the
current tracking error (ed and eq) as follows:

s2(t) = ed(t) + λ2

∫ t

0
ed(τ)dτ

s3(t) = eq(t) + λ3

∫ t

0
eq(τ)dτ

(53)

where λ2 and λ3 are positive constants.
The electrical Equation (3) can be rewritten in the following form:

did
dt

= vd −
Ld
Rs

id + pLqΩ iq

diq
dt

= vq −
Lq

Rs
iq − pLdΩ id

(54)

The terms pLqΩ iq and pLdΩ id are considered as disturbances to be compensated by
the current regulators. Thus, (54) becomes

did
dt

= vd −
Ld
Rs

id
diq
dt

= vq −
Lq

Rs
iq

(55)

In the same way as the SMC velocity controller, to find the continuous components,
the following condition is used: {

ṡ2(x) = s2(x) = 0

ṡ3(x) = s3(x) = 0
(56)

Thus, the continuous components (vcd and vcq) have the following form:
vcd = Ld

di∗d
dt

+ Rsi∗d + (λ1Ld − Rs)eid

vcw = Lq
di∗q
dt

+ Rsi∗q + (λ1Lq − Rs)eiq

(57)

In order to determine the discontinuous components, the convergence condition is
used as follows: {

ṡ2(x) < s2(x) = 0

ṡ3(x) < s3(x) = 0
(58)
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After simplification, the discontinuous components (vdd
and vdq ) are written as{

vdd
= −c2sign(s2)

vdq = −c3sign(s3)
(59)

The sliding mode control law for the id and iq currents controllers is the sum of the
continuous and discontinuous components:{

ud = vdc + vdd

uq = vqc + vqd

(60)

where ud and uq represent the voltages generated by SMC id and iq currents controllers.
Finally, the conventional sliding mode control law of the currents id and iq can be written as{

vd = vdc + vdd

vq = vqc + vqd

(61)

4.1.3. Simulation Results

In this section, the conventional sliding mode controllers developed in the cascade
control strategy (see Section 2.2) are implemented using the optimal current calculation
method (OCCM). To evaluate the conventional SMC against the PI controllers, the same
torque and velocity profiles presented in Section 3.4 were used. The controller parameters
used are λ1 = 3, c1 = 1, λ2 = λ3 = 2, and c2 = c3 = 5.

Figure 15 shows a very good response over the entire velocity and torque range. In
contrast to the PI control (see Figure 12), the static error and tracking error are almost zero.
It should also be noted that the velocity fluctuations are very small or even negligible. The
velocity drops and overshoots when applying or removing the load have been significantly
reduced, as shown by the zooms in Figure 15.

From this result, the static and dynamic performance of the velocity response is
significantly improved by using an SMC velocity controller.
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Figure 15. Velocity response obtained by SMC controller and optimal currents calculations method.

For the currents control, Figure 16 shows good control of the id and iq current com-
ponents. The current curve shows large current peaks compared to the PI controller (see
Figure 13). These peaks are due to the high dynamics of the velocity controller to eliminate
the tracking error. Moreover, it is caused by the discontinuous theme of the SMC or, as it is
called in the literature, the chattering phenomenon.
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The torque response of the SynRM employing the SMC is shown in Figure 17. It can
be seen from this figure that the SMC with the optimal current calculation method ensures
a machine torque that can convince the resistive torque (TL) and the intrinsic torque ( frΩ)
of the machine.

When compared to the PI controllers, at a very low speed and under load, for example,
the torque response in the sliding mode shows a slight increase in torque ripples (10.07%
compared to PI 9.8%). These ripples are a consequence of the chattering effect which is a
drawback of the sliding mode control.

The next section suggests a control strategy based on the theory of higher-order sliding
mode control to address this flaw.

(a)

(b)
Figure 16. Response of the current components obtained by the SMC controllers and optimal currents
calculations method: (a) iq response and (b) id response.
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Figure 17. Torque response obtained by SMC controllers and optimal currents calculations method.

4.2. Higher-Order Sliding Mode Control

The control of systems by the classical sliding mode has shown that it presents an
undesirable chattering phenomenon. In order to reduce or eliminate these phenomena,
many solutions have been proposed in the literature [59].

The higher-order sliding mode has been chosen, and this method is based on the
theory of the classical sliding mode control presented previously. In addition, it ensures
that the desired performance is maintained and that there is a better convergence accuracy.
The discontinuous control term is applied to the higher-order derivatives of the sliding
variable while maintaining the advantages of the classical sliding mode control, because
the discontinuity does not appear directly in the control but rather in one of its higher
derivatives [59,60].

To lessen the chattering phenomenon, we suggest using a second-order sliding mode
control built on the super-twisting algorithm (STA) in this work. By minimizing this
phenomenon, the excellent static and dynamic performances offered by the conventional
sliding mode control are maintained while reducing the torque ripple. In order to determine
its effect on the torque ripple of the synchronous reluctant machine, we will thus propose
the STA for the velocity and currents controllers and evaluate it against the SMC and the PI.

4.2.1. Synthesis of the Velocity Controller by Super-Twisting Algorithm

For the synthesis of the speed controller, the sliding surface s4 is defined by

s4(t) = y1(t) = eΩ(t) + λ1

∫ t

0
eΩ(τ)dτ (62)

This sliding surface is chosen similarly to that of the conventional sliding mode control.
From the mechanical Equation (7) of the SynRM,

Ω̇ =
1
J

Te −
f
J

Ω− 1
J

TL (63)

Using (62) and (63), the derivative of the surface is expressed as

Ω̇ =
1
J

Te −
f
J

Ω− 1
J

TL (64)

It should be noted that the super-twisting algorithm system is specifically developed
for systems with a relative degree n = 1 whose goal is to reduce chattering problems. This
algorithm does not require the knowledge of the second derivative of the sliding variable
as in the case of other algorithms. Thus, the algorithm guarantees that the trajectories of
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the system twist around the origin in the phase portrait [61] which brings about having the
model of the system in relative order one:

ẏ1 = φ(y1, t) + Y(x, t)uST(t) (65)

with ẏ1 being the sliding surface, and φ and Y being bounded functions [62,63]:{
|φ| ≤ Φ

0 < Ym ≤ Y(x, t) ≤ YM
(66)

From Equations (65) and (64), we can deduce

ẏ1 = Ω̇∗ +
f
J

Ω∗ + (
− fr

J
+ λ1)eΩ +

1
J

TL −
1
J

Te (67)

The definition of the upper and lower bounds of the previously defined functions is
chosen as follows [47]: 

φST = Ω̇∗ +
f
J

Ω∗ + (
− f

J
+ λ1)eΩ +

1
J

TL

YST = 1

uST = −1
J

Te

(68)

So, the sufficient conditions of convergence can be chosen as
W = 3ΦST

λ = 5
√

2ΦST

ρ = 0.5

(69)

By choosing S0 = s2
4, the order can be written as

uST = u1 + u2 (70)

With {
u̇1 = −Wsign(s1)

u̇2 = −λ|s1|0.5sign(s1)
(71)

4.2.2. Synthesis of Current Controllers by Super-Twisting Algorithm

In a similar way to the surface used in the classical sliding mode, the sliding surfaces
of the currents (s5 and s6) are defined by{

s5(t) = y2(t) = ed(t) + λ2
∫ t

0 ed(τ)dτ

s6(t) = y3(t) = eq(t) + λ3
∫ t

0 eq(τ)dτ
(72)

From the electrical equations of the machine, the surface derivatives can be expressed as
ẏ2 = i̇∗d +

R
Ld

i∗d + (
−R
Ld

+ λ1)ed +
1
Ld

Eq −
1
Ld

vd

ẏ3 = i̇∗q +
R
Lq

i∗q + (
−R
Lq

+ λ1)eq +
1
Lq

Ed −
1
Lq

vq

(73)

From Equations (65) and (73), we can deduce
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φdST = i̇∗d +

R
Ld

Ω∗ + (
−R
Ld

+ λ1)ed +
1
Ld

Eq

YdST = 1

udST = − 1
Ld

vd


φqST = i̇∗q +

R
Lq

i∗q + (
−R
Lq

+ λ1)eq +
1
Lq

Ed

YqST = 1

uqST = − 1
Lq

vq

(74)

The upper and lower bounds of the previously defined functions are chosen as follows:
ΦdST =

∣∣∣∣i̇∗d + R
Ld

i∗d + (
−R
Ld

+ λ1)ed

∣∣∣∣+ ∣∣∣∣ 1
Ld

Eq

∣∣∣∣
YdmST = 0.5 , YdMST = 1

Ud = − 1
Ld

vdmax


ΦqST =

∣∣∣∣i̇∗q + R
Lq

i∗q + (
−R
Lq

+ λ1)eq

∣∣∣∣+ ∣∣∣∣ 1
Lq

Ed

∣∣∣∣
YqmST = 0.5 , YqMST = 1

Uq = − 1
Lq

vqmax

(75)

4.2.3. Simulation Results

Using the OCCM reference currents calculation bloc with the identical velocity and
torque profile in the PI and SMC case, the STA sliding mode controllers of the velocity and
currents were implemented in the cascade control strategy.

Figure 18 demonstrates excellent tracking over the whole velocity range. A zero
static error and zero tracking error are displayed in the velocity response. Overshoot and
undershoot are extremely rare, and there are barely any velocity fluctuations, as shown in
the zooms of the figure.

2.7 2.75 2.8 2.85 2.9
299

300

301

7.5 7.55 7.6 7.65 7.7

1500

1500.5

9.4 9.45 9.5 9.55
-30

-20

-10

0

Figure 18. Velocity response obtained by STA controller and optimal currents calculations method.

Figure 19 shows good regulation of the current components id and iq. The waveform
of the currents is similar to the SMC case with less fluctuation, as shown in the zooms.

Figure 20 depicts the torque response of the SynRM using the SMC. It shows that
the SMC with the optimal current calculation method assures a machine torque that can
convince the machine’s load torque (TL) and intrinsic torque ( frΩ). When compared to the
PI and SMC control, the torque response of the STA control demonstrates a reduction in
the torque ripple. As an illustration, at a low speed with load, the torque ripple rate in the
PI control is 9.8%, 10.07% in the SMC control, and 5% in the STA control.

Table 2 summarizes the machine torque ripple rate for low and high speeds with and
without load torque.
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Table 2. Comparison of torque ripple rates for the three control modes.

PI SMC STA

∆Te Without Load With Load Without Load With Load Without Load With Load

At 300 r.p.m 38.08% 9.8% 43% 10.07% 29% 5%

At 1500 r.p.m 17.3% 10.8% 21.7% 10.8% 12.7% 8%

This table makes it abundantly evident that applying STA control considerably reduces
the torque ripple of the synchronous reluctance machine.

(a)

(b)

Figure 19. Response of the current components obtained by the STA controllers and optimal currents
calculations method: (a) iq response and (b) id response.
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Figure 20. Torque response obtained by STA controllers and optimal currents calculations method.

5. Conclusions

In this work, we addressed the problem of torque ripple reduction in a synchronous
reluctance machine for an electric vehicle drivetrain application.

We have based our approach on control-based solutions. In a cascade velocity/currents
control strategy, we first proposed a new reference currents calculation bloc based on the
optimization of the stator joule loss. In order to examine the contribution of this method
on torque ripple reduction, we compared it to two methods used in the literature, namely
the conventional field-oriented control and maximum torque per ampere. The simulation
results clearly show the effectiveness and superiority of this proposed method in reducing
the torque ripple of the machine.

To improve the system’s static and dynamic performance, in the second part, we
synthesized advanced velocity and current controllers based on the variable structure
theory. Classical sliding mode controllers have been proposed using the method provided
in the first part, namely the calculation of optimal currents. When compared to the PI
controllers, the simulation results demonstrate a gain in performance but a minor increase in
torque ripple. This is related to the chattering phenomenon, which constitutes the drawback
of conventional sliding mode control. We then presented second-order sliding mode
controllers based on the super-twisting algorithm to avoid this problem. The simulation
results show that in addition to the improvement in the drivetrain performance, the torque
ripples are significantly reduced.

In conclusion, a combination of the optimal current calculation method and the second-
order sliding mode control produces the most effective combination for improving the
synchronous reluctance machine’s performance and torque ripple reduction.
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Abbreviations
The following abbreviations are used in this manuscript:

EV Electric vehicle
SynRM Synchronous reluctance machines
PMSM Permanent magnet synchronous machine
WRSM Wound rotor synchronous machine
REMs Rare-earth materials
FOC Field-oriented control
DFOC Direct field-oriented control
IFOC Indirect field-oriented control
MTPA Maximum torque per ampere
OCCM Optimum current calculation method
PI Proportional integral
SMC Sliding mode control
STA Super-twisting algorithm
φs, φds , φqs Stator flux linkage in the d and q axes
id, iq Stator current in the d and q axes
Vd, Vq Voltages in the d and q axes
Lds , Lqs Inductance in the d and q axes
Li Stator inductance of phase i
Mij Mutual inductance between phases i and j
Ω Rotational velocity of the machine, in rad/s.
Ω∗ Rotational velocity reference of the machine, in rad/s.
Te Electromagnetic torque produced by the machine, in Nm
TL Load torque, in Nm
fr Viscous friction coefficient, in Ns2/m2

Fm The slope force or tractive force that is required to drive the vehicle up
faero Aerodynamic force created by the friction of the vehicle’s body moving through the air
Frr Rolling resistance force
Frc Resistance force exerted by the vehicle weight as it goes up and down a hill
M Vehicle mass
g The acceleration due to gravity on Earth
ρ Density of the air, in kg/m3

Cx Drag coefficient
S f Frontal cross-sectional area, in m2

Rsc Rolling resistance opposing the slope
i∗d , i∗q Reference current in the d and q axis
∆ Lagrangian function used to optimize the currents

Appendix A

Table A1. The synchronous reluctance machine’s parameters.

Parameter Value

Rated power Pn = 1.1 kW
Number of pole pairs p = 2

Rated RMS current I = 3 A
Power supply voltage 220/380 V

Phase resistance Rs = 6.2 Ohm
Direct inductance Ld = 0.34 H

Quadrature inductance Lq = 0.105 H
Rated speed 1500 r.p.m

Maximum velocity 1800 r.p.m
Torque at rated velocity 7 Nm

Torque at maximum velocity 5.8 N m
Machine inertia J = 0.005 kg ·m2

Viscous friction coefficient f = 0.01 Nm/s
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